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Abstract

A new design of friction damper is proposed and called the tunable friction damper. The design is
proposed as an alternative to a conventional sliding mass-type friction damper, which is commonly used to
reduce vibration in rotating systems. The design combines advantages of the friction damper, which
dissipates energy via sliding friction, and the spring-mass-type vibration damper, which absorbs energy by
its own vibration. The tunable damper is designed to work as a friction damper while the mass slips and as a
vibration absorber while the mass sticks, during which the conventional friction damper ceases to function
as a damper. The most important advantage of the design is that the damper can be tuned for a large
reduction of the vibration in a narrow frequency range of choice while providing damping in a broad range
of frequency as well. Despite its simple concept, design analysis of the system is difficult due to the
nonlinear dynamics of the system. Numerical simulations are employed to demonstrate the feasibility of the
concept, and to understand the roles of major design parameters. It is shown that proper sizing of the mass
and the compliance of the damper allows the design to exploit benefits of both the friction damper and
vibration absorber.
r 2004 Elsevier Ltd. All rights reserved.
see front matter r 2004 Elsevier Ltd. All rights reserved.
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1. Introduction

Increased use of high-strength materials and integral constructions in modern rotating
machinery such as jet engines and turbines tends to reduce damping in the system, thus making
the system susceptible to vibration-related failures. Various friction dampers have been used to
provide dissipation in such systems, including the commonly adopted sliding mass-type design.
One problem associated with the friction damper is the difficulty in quantitative design analysis
due to the nonlinear nature of the related motion. Extensive study has been conducted in the past
two decades to develop tools for design and analysis of friction dampers [1–5]. Approximate or
numerical analysis is used in most works because of the nonlinear aspect of the problem. The
harmonic balance method (HBM) is a semi-analytical approximate method to solve friction
induced motion problems by many researchers [1–5]. Because of the complexity of the problem,
all studies employ significant simplifications in modeling the system dynamics.
While qualitative studies can be conducted based on simple one or two degree-of-freedom (dof)

models, more generalized models are necessary for quantitative analyses. Lumped parameter
models can be generalized by assigning more dofs to the system model as done by many
investigators [6,7]. Such models provide more information, for example partial slip conditions;
however, choosing meaningful system parameters becomes increasingly difficult as dofs increase.
Models described as a continuous system based on the FEM formulation found in some recent
works [8] seem attractive. The approach is still limited to substantially approximated system
models because of the required computational intensity. Another problem is that not only the
analysis itself but also the interpretation of the results becomes increasingly difficult as the model
becomes more complex.
This paper proposes a new design concept, the tunable friction damper, which combines a

sliding mass type friction damper and a vibration absorber. First, the numerical integration
program to be used in this work is validated by applying the program to a known, reported
problem. The problem is solved by the HBM as well, and reported solutions obtained by the
numerical integration and the HBM are compared to those obtained by the authors’ procedure.
Then, the new design is introduced, and its basic behavior and unique features are explained based
on the results from numerical simulations. Parameter studies of the main design variables are also
conducted.
2. Validation of the numerical integration

A single dof system with friction damper joint is shown in Fig. 1. Inertia, stiffness and damping
elements M, K and C represent dynamics of the blade, while the stiffness Kd and the friction joint
represent dynamics of the interface between the blade and the sliding mass. The model shown in
Fig. 1 has been used in earlier works in this area by many investigators for fundamental study of
dynamics of friction dampers [1–3]. Menq et al. [3] used the HBM to solve the problem when the
normal force varies as a linear function of the displacement of the motion. The problem is solved
again in this work both by the HBM and the numerical integration, and the results are compared
with the reported results in Ref. [3] for validation purpose. After the validation, the numerical
integration is used as the tool for design studies.
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Fig. 1. Single-dof system with friction damper.

J.-H. Lee et al. / Journal of Sound and Vibration 283 (2005) 707–722 709
2.1. Equation of motion

The equation of motion of the system shown in Fig. 1 is

M €xðtÞ þ C _xðtÞ þ KxðtÞ ¼ f 0 cos ot � f nðtÞ; (1)

where fn(t) is the nonlinear force acting at the friction joint. The joint will slide when the
magnitude of fn becomes equal to mN. The contact force N is considered a linear function of the
displacement as

NðxÞ ¼ N0 þ gKdxðtÞ if xX� N0=ðgKdÞ: (2)

The contact force is constrained to be larger than zero by imposing the condition that xo
�N0=ðgKdÞ: N0 is the nominal contact force and g represents the coupling ratio between the
motion and force [3]. It is noted that the normal contact force is generated by the centripetal force,
and therefore is proportional to the mass.
2.2. Representation of nonlinear force

As can be seen in Fig. 1, the nonlinear friction force is f n ¼ Kd ðx � yÞ; which is at the same time
constrained to be no larger than the sliding friction force 7mN. The friction force fn is shown in
Fig. 2 when the normal force is coupled with the motion as in equation (2). Fig. 3 is a special case
of Fig. 2 when the coupling factor g=0.
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2.3. HBM solution

The HBM is an approximate method for solving friction-induced vibration problems [2]. While
a multi-term solution is possible, our case is limited to the one-term solution used in Refs. [1–3]
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because the problem is solved for validation purposes. The procedure can be summarized as
follows:
(1)
Fig.

Kd=
Approximate the motion as harmonic with assumed displacement amplitude and phase.

(2)
 Construct the nonlinear force–displacement diagram based on the assumed motion and
friction conditions (stick-slip conditions).
(3)
 Convert the force–displacement diagram to the force–angular displacement, i.e. force–time
diagram. Approximate this force as a one-term Fourier series.
(4)
 Using this one-term approximation of the nonlinear force, solve the equation of motion of the
system to obtain the displacement and the phase.
(5)
 Check if the assumed displacement amplitude is correct. If not, repeat the procedure with new
assumed displacement amplitude. The procedure is repeated until the solution converges.
Now a system defined by f 0 ¼ 1; K ¼ 0:9; c ¼ 0:01; M ¼ 1:0 and Kd ¼ 0:1 is considered,
which was the system solved in Ref. [3]. The displacement is represented as

xðtÞ ¼ A cosðot � cÞ þ B ¼ A cos yþ B; (3)

where y ¼ ot; c is the phase delay of the response and B is the offset, which becomes zero if the
coupling factor is zero (the case of Fig. 3). The amplitude A and offset B obtained as functions of
the excitation frequency are shown in Figs. 4 and 5. Note that Fig. 4 is actually the frequency
response function (FRF) because f0=1 is used. Fig. 4 shows the result when the coupling is weak
(mg ¼ 0:1) and Fig. 5 shows when it is strong (mg ¼ 0:6). Calculations were made for the frequency
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4. System response obtained by HBM when dynamic coupling is weak: mg=0.1, K=0.9, C=0.01, M=1.0,

0.1, and mN0 ¼ �0:2 ( ), 0.1 ( ), 0.5 ( ), 1 ( ), 2 ( ), 5 ( ).
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Fig. 5. System response obtained by HBM when dynamic coupling is strong: mg=0.6, K=0.9, C=0.01, M=1.0,

Kd=0.1, f0=1, and mN0 ¼ �0:2 ( ), 0.1 ( ), 0.5 ( ), 1 ( ), 2 ( ), 5 ( ).
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range between 0.92 and 1.04 at the frequency interval of 0.01 for six levels of the static preloads,
N0 ¼ �0:2; 0:1; 0:5; 1; 2; 5: Note that the N0=�0.2 case yields zero normal force, therefore
corresponds to the system without the friction damper.
The results shown in Figs. 4 and 5 are identical to those reported in Ref. [3]. As shown in the

figures, the peak amplitude depends on the magnitude of the normal force. Initially, the peak
decreases as the normal force increases until the friction limit mN0 reaches 1.0. Then the peak
starts to increase as mN0 increases beyond 2.0. This indicates that there will be an optimum
normal force to ensure the maximum damping effect [1–3]. A too large normal force will make
the friction damper stick most of the time, thereby decreasing the total energy dissipation.
At a very high normal force, say mN0=5, the mass always sticks, and provides no energy
dissipation, which is also confirmed from the fact that the resonance peaks in Figs. 4 and 5 move
to o ¼

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
ðKd þ KÞ=M

p
when mN0=5.

2.4. Solutions by numerical integration

A direct numerical integration method is utilized for the analysis of the proposed tunable
friction damper. The specific analysis method will have to be chosen based on the accuracy
requirement and computational resources. A numerical integration procedure is applied to the
problem discussed in Section 2.3 for validation purpose. Numerical integration of Eq. (1), with
the force–displacement relationship defined in Eq. (2) as the constraint, is conducted using the
SIMULINK toolbox in MATLAB [9]. The integration starts from a set of assumed initial
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Fig. 6. Comparison of responses calculated from HBM and numerical integration; lines with center symbols are

numerical integrations; lines without symbol are HBM solutions. The cases shown are for mg=0.01 (weak coupling),
K=0.9, C=0.01, M=1.0, Kd=0.1, f0=1, and mN0 ¼ �0:2 ( ), 0.1 ( ), 0.5 ( ), 1 ( ), 2 ( ), 5 ( ).
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Fig. 7. Comparison of responses calculated from HBM and numerical integration; lines with center symbols are

numerical integrations; lines without symbol are HBM solutions. The cases shown are for mg=0.6 (strong coupling),
K=0.9, C=0.01, M=1.0, Kd=0.1, f0=1, and mN0 ¼ �0:2 ( ), 0.1 ( ), 0.5 ( ), 1 ( ), 2 ( ), 5 ( ).
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conditions and continues until a converged result is achieved. In these examples, converged results
were typically obtained after 150–200 cycles of integration.
Figs. 6 and 7 compare the results from the HBM with the results from numerical integrations.

Because the HBM solution is approximate, the two sets of results are similar but not exactly the
same. As expected, the difference in solutions becomes larger as the nonlinear effect increases, i.e.
the damping effect becomes larger also as the coupling effect becomes larger. The numerical
integration results are well correlated with the HBM solutions and explain the system behavior as
expected.
3. Tunable friction damper

3.1. Basic idea

Now a new design concept, a tunable damper, is considered. The idea is to combine the
advantages of a passive vibration absorber and a friction damper. Fig. 8 illustrates the damper
design, which shows two masses connected by a spring. In actual design, a relatively compliant
material of smaller cross-sectional area than the mass can be used as the spring. While a friction
damper should be designed very stiff in the direction of the normal force to endure the large
centrifugal force, the flexibility of the proposed tunable damper is acting in the direction in which
no large forces are acting.
Blade 

Ground

Tunable 
 Damper 

Fig. 8. Proposed design of tunable damper.



ARTICLE IN PRESS

x

N
K C

Kd1

y

M

0 cosf tω

Md

Kd2

Fig. 9. Single-dof system model of the tunable damper.

J.-H. Lee et al. / Journal of Sound and Vibration 283 (2005) 707–722 715
Because the blade system shown in Fig. 8 is not geometrically symmetric, its vibration modes
will be in general composed of both symmetric and antisymmetric components. The friction
dampers, tunable as well as rigid, are effective only on symmetric components of the motion, in
which the two blades move to opposite directions. Therefore, the model can be reduced to the
system shown in Fig. 9. In this figure, Md represents the mass of the damper, Kd1 represents
the stiffness of the connecting spring shown in Fig. 8, Kd2 represents the effective stiffness of the
blade and damper interface, and M and K represent the effective inertia and stiffness of the blade
at the frequency of motion in consideration.
During the stick motion (when the damper mass is not sliding), the friction damper will behave

as a vibration absorber whose tuning frequency is

o2d ¼ ðKd1 þ Kd2Þ=Md : (4)

Therefore, od is the tuning frequency at which the damper absorbs most of the vibration energy of
the system.
3.2. Analysis of the system

The motion of the system depicted in Fig. 9 is described by the following two equations:

M €xðtÞ þ C _xðtÞ þ KxðtÞ ¼ f 0 cos ot � f nðtÞ; (5)

Md €y þ Kd1y ¼ f nðtÞ: (6)

Again, fn is the nonlinear friction force, which is depicted in Fig. 2.
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In the system of this case study, system parameters are chosen as M=1, C=0.1, K=0.9,
Kd=0.1; therefore, the natural frequency of the blade ob � 0:949: Note that the two springs
behave as a single spring of rate Kd=Kd1+Kd2 when the sliding mass sticks. The tuner mass Md is
determined from Eq. (4) to make the damper tuning frequency od ¼ ob:

3.3. Basic system response characteristics

Fig. 10 shows a typical result of the time integration for the blade and the tuner mass responses
in the time domain. Converged responses are attained typically after 150–200 cycles of the
calculated motion.

3.3.1. System responses at the tuning frequency
Fig. 11 shows the effect of the tunable damper when the damper frequency is tuned to the

natural frequency of the blade ðod ¼ obÞ: A very light dynamic coupling case is considered
ðmg ¼ 0:01Þ: Four different levels of the normal force have been applied, which result in friction
forces of mN0=�0.2, 1, 2, 5, 10. The first case is actually when the normal force is zero, and the
friction damper is inactive.
Effects of both the friction damper and the vibration absorber can be seen in the figure. The

absorber effect is seen from the significant reduction of the response in the narrow frequency
range around the tuning frequency. Two response peaks arise away from the tuning frequency,
which is expected because the system becomes a 2 dof system when the damper is active. As the
normal force increases beyond a threshold value, the performance of the damper as the friction
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Fig. 10. Displacement responses of the main and tuner masses calculated by numerical integration: (a) blade, (b) tuner.
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Fig. 11. Frequency resonse of the tunable damper when od ¼ ob; mg=0.01, K=0.9, C=0.1, M=1.0, Kd=0.1,

Md=0.111, when mN0=�0.2 ( ), 0.1 ( ), 0.5 ( ), 1 ( ), 2 ( ), 5 ( ).
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damper diminishes because the mass sticks most of the time. In this example, the results when
mN0=5 and 10 are almost identical, which indicates that the sliding motion does not occur in
these cases, i.e. the mass sticks all the time. The damper in this case acts as a pure vibration
absorber without the friction effect. At mN0=1 and 2, the two peak responses become lower than
those of the mN0=5 and 10 cases, which indicates that energy is dissipated by the sliding motion,
the virtue of the friction damper. The two peaks that correspond to the mN0=1 and 2 cases are
lower than the single peak that corresponds to mN0=0 case, the no damper case. The mN0=2 case
shows the best result among the test cases. Therefore, in practice, an optimal magnitude of the
normal force, i.e. mass, will have to be determined first as in conventional friction dampers [1],
then the tuner stiffness Kd2 can be determined correspondingly to obtain the desired tuning
frequency.
Comparing the effect of the tunable damper shown in Fig. 11 with those of the rigid friction

damper shown in Figs. 4 and 5, it becomes obvious that the tunable damper does not always
provide better performance. The new damper is very effective to reduce vibration amplitudes in
the vicinity of the design frequency, which is much like the traditional vibration absorber or a
band filter in general. Thus, the tunable damper will have to be designed by matching the design
frequency with the dominant operating excitation frequencies.

3.3.2. System responses at various tuning frequencies
Now we consider three cases, which are when the tuner frequency is much higher than, almost

equal to, and much lower than the blade frequency. Keeping in mind that Kd=Kd1+Kd2:



ARTICLE IN PRESS

J.-H. Lee et al. / Journal of Sound and Vibration 283 (2005) 707–722718
Case 1: od � ob

od ¼

ffiffiffiffiffiffiffiffi
Kd

Md

r
¼

ffiffiffiffiffiffiffiffiffi
0:1

0:05

r
¼ 1:414 � 1:5ob:

Case 2: od ¼ ob

od ¼

ffiffiffiffiffiffiffiffi
Kd

Md

r
¼

ffiffiffiffiffiffiffiffiffiffiffi
0:1

0:111

r
¼ 0:949 � ob:

Case 3: od � ob

od ¼

ffiffiffiffiffiffiffiffi
Kd

Md

r
¼

ffiffiffiffiffiffi
0:1

0:3

r
¼ 0:577 � 0:6ob:

To vary the tuner frequencies, the tuner mass was varied to Md=0.05/0.111/0.3 while keeping Kd

the same.
Figs. 12(a) and (b) show the responses of the blade and tuner for those three cases when

mN0 ¼ 1: As seen in Fig. 12(a) a noticeable effect on the system response occurs only in the
vicinity of the tuning frequencies in all three cases. Comparing Figs. 12(a) and (b), the tuner mass
moves with much higher amplitude than the blade mass, especially around the tuning frequency,
which is a typical behavior of the vibration absorber. Figs. 13–15 show the system responses for
the same three tuning frequencies.
3.4. Study of design parameters

Based on this numerical study, the tunable damper should be designed by determining the
tuning frequency in relation to the resonance frequencies and operating speed of the system. For
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Fig. 12. Frequency response of (a) the main mass and (b) of the tuner mass of the tunable damper: mN0=1.0, mg=0.01,
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Fig. 13. Frequency response of (a) the main mass and (b) the tuner mass of the tunable frictional damper: mN0=2.0,

mg=0.01, K=0.9, C=0.1,M=1.0, Kd=0.1,Md=0.05(od4ob): ;Md=0.111 (od ¼ ob): ;Md=0.3(odoob):
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Fig. 14. Frequency response of (a) the main mass and (b) the tuner mass of the tunable damper: mN0=5.0, mg=0.01,
K=0.9, C=0.1, M=1.0, Kd=0.1, Md=0.05(od4ob): , Md=0.111 (od ¼ ob): ; Md=0.3(odoob): ; 1

dof response in (a): .
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example, the tuning frequency may be matched to a critical speed that is closest to the steady-state
operating speed. At the designed frequency, the damper effectively works as a vibration damper,
taking away the vibration energy of the main system, thus reducing the system response
significantly. The two new resonance peaks could be a potential problem, which is an issue that
must be addressed in the design process of the vibration absorber. The problem can be alleviated
by the effect of the friction damper lowering the two peaks. In any case, the designer has at his/her
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Fig. 15. Frequency response of (a) the main mass and (b) the tuner mass of the tunable damper: mN0=10.0, mg=0.01,
K=0.9, C=0.01,M=1.0, Kd=0.1,Md=0.05(od4ob): ; Md=0.111 (od ¼ ob): ;Md=0.3(odoob): ; 1

dof response: .
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Fig. 16. Sensitivity of the response of (a) the main mass and (b) the tuner mass of the tunable frictional damper to the
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discretion one more design parameter, tuning frequency, than using the conventional sliding mass
damper.
The stiffness, Kd (or mass, Md) of each tuner design is varied within 1–40% of the stiffness, K

(or mass,M) of the main mass by 5% at a time. By varying the tuner stiffness, the optimum design
value for the tunable frictional damper system could be observed. It has to be noted that the
tuning frequency is fixed at the system resonance frequency; therefore, the mass also increases as
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much as the stiffness increases. Therefore, a larger stiffness implies a physically larger friction
damper. Fig. 16 shows the response of the main mass and the tuner for various tuner designs at
the condition of mN0=2.0, K=0.9, C=0.01, M=1.0. From the figure, it is seen that the effect of
the damper becomes larger as the stiffness and mass (or the size) of the tuner increase, as expected.
In practice, the tunable friction damper provides one additional design parameter, the tuning

frequency, to designers. From the designer’s standpoint, it is an advantage that the tuner stiffness
(Kd1) is a clearly defined parameter that can be applied easily. For example, the stiffness of the
blade–damper interface Kd2, the only stiffness parameter in the conventional friction damper, is
not only difficult to estimate (it is obtained by approximating the dynamics of the blade to an
equivalent, simple model) but also not free to change for the purpose of designing the damper (Kd2

is given by the blade design, not by the need for the damper design).
4. Conclusions

A new concept of friction damper design is proposed in this work. The key idea is combining
the features of a vibration absorber and a sliding friction damper into one design. The damper is
designed to work as a vibration absorber during the time while the sliding mass sticks to the blade
base, therefore ceases to work as a friction damper, and works as a friction damper when the mass
is sliding. Hence, the damper possesses both characteristics of the passive vibration absorber and
the sliding friction damper. Properly designed, the damper can provide good energy dissipation as
well as a sharp reduction of the response amplitude in the narrow frequency range of design. As
the damper partially works as a friction damper, a proper level of the friction force has to be
provided by adjusting the mass for best performance. As typical vibration absorbers do, the new
design induces two resonance peaks away from the design frequency, which may cause problems
in some cases. These peaks may be reduced substantially by the effect of the friction damper
aspect of the system. Design principles of vibration absorber may be applied; however, they will
have to be checked by numerical simulations because the nonlinear effect may cause unexpected
result.
The new tunable damper concept provides designers one design parameter they can easily

control, namely the tuning frequency, which can be used to shift the resonance peaks while
retaining some of the broadband amplitude reduction effect of the friction damper. Another
potentially significant advantage of the new design is the ease of implementing the design because
the key design variable, the stiffness of the friction damper, is well defined and easy-to-change.
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